TAI LIEU HQC TAP TUAN 4 (4/10/2021 — 9/10/2021)
MON TOAN
LOP 12:
> DAI SO: Puong Tiém cin

1. Khai niém

Chohams6 y = f(x) c6 dd thi (C). Piém M €(C), MH lakhoangcachtr M dén
dwong thing d. Puong thing d goi 1a tiém cén clia d6 thi ham s8 néu khoang cach
MH danvé 0 khi |x| — 400 hoic |x| — x,.

2. Tiém cdn ngang

Cho ham s§ y = f(x) xéac dinh trén mot khoang v han (1a khoang dang (a;+00), (—oc;b) hodc (—oo;+00) ). Puomng
thdng y = y, dwoc goila dwong tiém can ngang (hay tiém can ngang) ctia d6 thi ham s6 y = /(x) néu it nhdt mot trong cac

diéu kién sau dwoc théa man

lim f(x):yo§ Xlirgcf(x):yo-

X —+00

i i SO b y=f(z) /\
Yo R .

Puong thing y =y, latiém cinngangciadd Dudngthing y = y, latiém cin ngang cia dd
thi (khi x — +00). thi (khi x — —00).

3. Tiém cdn ding

Puong thing x = x, dwoc goila dwong tiém cin dirng (hay tiém can dirng) ctia do thi ham s8 y = f'(x) néu it nhit mot

trong cac diéu kién sau dwgc thoa man

lim f(x)=+oc, lim f(x)=—o0,

lim f(x)=—oco, lim f(x)=+oo.
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> HINH HOC:
I- THE TiCH KHOI LANG TRU

Néu ta xem khéi hop chir nhat 4BCD.4'B'C'D' nhu la khéi lang tru co day la hinh chir nhat 4'B'C'D’ va
duong cao 44’ thi suy ra thé tich cuia no bang dién tich d4y nhan voi chiéu cao. Ta c6 thé chimg minh
duogc rang diéu d6 ciing ding véi mot khoi lang tru bat ki

Dinh li
Thé tich khéi lang tru c6 dién tich ddy B va chiéu cao 4 la
V = Bh.

II - THE TICH KHOI CHOP
D6i v6i khdi chop ngudi ta chimg minh duge dinh 1i sau:
Dinh li
Thé tich khdi chop c6 dién tich day B va chiéu cao 7 1a

V :lBh.
3

Ta cling goi thé tich cac khdi da dién, khéi lang try, khéi chop da noi & trén 1an luot 1a thé tich cac hinh da
dién, hinh lang try, hinh chép xac dinh ching.
> Cho hinh chép S.ABC. Trén cac doan thiang SA, SB, SC lan luot 1y ba diém A’, B’, C’ khac véi S.
VSAIBVCI — SA—'.SB'.SC'
SA SB SC

Ta co:
SABC

Luyén tap
Cau 1. Cho hinh chép S.ABC. Goi M,N,P lan luot la trung diém SA4,SB va SC . Khi d6 ti s thé tich

gitra khéi chop S.MNP va khéi chop S.4BC bang
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Céu 2. Khi ting d6 dai tit ca cac canh ctia mot khdi hop chir nhat 1én gap 3 thi thé tich khdi hop twong Gng
sé

A. ting 6 lan. B. tang 18 lan. C. tang 9 lan. D. ting 27 lan.

Cau 3. Cho khéi tir dién ABCD c¢6 thé tich V' va diém E trén canh AB sao cho AE =3EB . Tinh thé tich
khéi ta dién EBCD theo V .
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Ciu 4. Khi ting ca ba canh day ctia mot khdi chop c6 day 1a tam giac déu 1én hai 1an con duong cao ciia
khéi chop giir nguyén thi thé tich cua khdi chop ting bao nhiéu 1an?

1

A. 4. B. 2. C.S8. D.E.

Cau 5. Cho hinh chép S.ABC. Goi M, N lan luot 14 trung diém cta S4, SB. Tinh ti s6 Ysanc

S.MNC
A.l. B.l. C.2. D. 4.
2 4
LOP 11
> DAI SO VA GIAI TICH
3. Phwong trinh bac nhat d6i véi sinx va cos x
asinx+bcosx=c (a2+b2¢0) (1)
Phwong phap gidi:
Chia hai vé ctia phuong trinh cho va’ +b” , ta dugc:

(I)QLsinu+ b ¢

—————CoSU = —F———
a’ +b? Jat+b® Jat+b®

2 2
b )
Vi ( a j +( j =1 nén ton tai goc 6[0;272'] sao cho
\/a2+b2 \/a2+b2
a b

———vasing =——.
Na' +b* Ja* +b?

Khi d6, phuong trinh (1) c6 dang:

CoSax =

: . c
sin x.cosa +cosxsina = ———
a +b
. c . \
< sin =——
(x+a) N (phuong trinh co ban)
a +b

c

Na' +b?

Diéu kién c6 nghiém cuia phuong trinh (1): <lea*+b >c".

> HINH HQC
Chuong 2. PUONG THANG VA MAT PHANG



TRONG KHONG GIAN. QUAN HE SONG SONG
§1. DAl CUONG VE DPUONG THANG VA MAT PHANG
Vin dé 2: Giao diém ciia dwong thing va mit phing
Cho dudng thing a va mit phing (). Tim I la giao diém cia a va ().
Céch 1: Tim trong mit phang () mot duong thing b cdt dudng thing a tai /.
lea

Iebc(a):am(a):]

Khi d6: ]:amb:{

Céch 2: Chon mit phing () chtra a sao cho dé x4c dinh giao tuyén d cua () va (f3). Trong
mit phing (), goi / 1a giao diém cia a va d .
lea

]edc(a):am(a)zl.

Khi do: I=amd:>{

LOP 10
> PAI SO
§3. HAM SO BAC HAI
Vin dé 1: Kho st sy bién thién va vé do thi ham sé y = ax’ +bx+c (a #0)

Tap xac ’dinh: D=R.
Béang bién thién:

a>0 a<0
b b
X — - X — -
L 8 2{{ —+a0 (& 8] 2{1 o0
+00 =+a0 j
) \ / , / 4a \
-A
da —00 —o00

Db thi ham sé y=ax’ +bx+c¢ (a # O) la mot parabol co6:

- Binh [(—i;—AJ .

2a  4a

- Tryc dbi ximg 1a duong thing: x = —2i .
a
Lap bang gia tri. V& d0 thi.
Nhan xét:
Bé 16m hudng 1én trén khi a >0, huéng xubng khi @ <0.

Vin dé 2:
2.1.V&do thi y=ax’ +bx+c (a;tO). Suy ra d6 thi ham s6 y:ax2+b|x|+c.

Ham s y:ax2+b|x|+c c6 tap xac dinh D=R.
VxeR=-xeRva f(-x)=f(x), VxeR

= f (x) 12 ham s6 chdn trén R = D6 thi nhan Oy 1am truc d6i xtmg.



Nén: V& phan do thi y=ax” +bx+c tng voi x>0, ri 1ay dbi xtmg qua truc Oy cta phan dd
thi nay.
22.V&ddthi y=ax’ +bx+c (a ;tO). Suy ra dd thi ham sé y = |ax? +bx+c‘.

ax’ +bx+c khi ax® +bx+c>0
Taco: y= ax2+bx+c‘: 5 .,

—(ax +bx+c) khi ax” +bx+c <0
Nén:
V& dd thi ham s6 y = ax’ +bx +c.

e  Giir nguyén phan do thi thoa y >0.
Lay ddi xtmg qua truc Ox phan d0 thi thoa y <0.

Vin dé 3: Tim cdc h¢ sd a,b,c cia ham s6 y =ax’ +bx+c (a#0)
Cho (P):y:f(x):ax2 +bx+c (a;tO)
b

Hoanh d6 dinh: x = ——.
2a

Tung d6 dinh: y = f(—ij = _A .
2a 4a

M (x,53, ) €(P) &y, =ax;, +bx,, +c.

a>0: Ham sb dat gia tri nho nhat 1a Vo = _A tai x= _b .
4a 2a

a < 0: Ham sb dat gia tri 16n nhét 1a Yo =—A tai x=—2i.
a

Vién dé 4: Bién doi do thi bing phép tinh tién
Cho (P):y:ax2+bx+c (a;tO)

2 b A
=a(x—p) +q p=——"iqg=——
. . 2 <\ 5. . , . K
Goi (PO) cy=ax . Tu (PO) suy ra (P) bdi hai phép tinh tién.
1) Tinh tién (PO) sang phai p donvinéu p >0, sang trai | p| don vinéu p <0, dugc do thi
(R)-
2) Tinh tién (B) 1én trén ¢ don vi néu g >0, xudng dudi |q| don vi néu ¢ <0, dugc dd thi

(P).

Vén dé 5: Dung do thi parabol, bién luiin s6 nghiém ciia phwong trinh béc hai (1) (co
tham s0)

Phwong phap:

Ve parabol (P):y=ax’+bx+c (a#0).

Bién dbi phuong trinh bac hai (1) thanh phuong trinh hoanh d6 giao diém cua (P) va duong
thang (d ) : ¥ =m (cung phuong véi truc Ox).

S6 nghiém ctia phuong trinh (1) bang s6 giao diém cua (P) va (d )

> HINH HQC



§3. TICH CUA VECTO VOI MOT SO (tiép theo)

Vin dé 2:
1. Xac dinh mot diém thoa mot dang thuc vecto
Rut gon dang thirc Vecto vé dang AM =v.

A 1a diém c6 dinh, v 1a vecto ¢6 ‘huong, d6 dai xac dinh, M la diém phai dung.
Khi rit gon van dung cac tinh chit, quy tic va két qua trong van dé 1.
2. Phan tich mot vecto theo hai vecto cho trude.

Cho hai vecto a va b khong cung phuong thi véi moi vecto x bat ky déu phén tich dugc duy
nhét theo a,b nghia 1a: Im,n e R: x = ma +nb



