TAI LIEU HQC TAP TUAN 1 (6/9/2021 — 11/9/2021)

LOP 12:
> DAISO:

Quy tiic tinh dao ham

MON TOAN

Pao ham ciia mt s6 ham so

Pao ham ciia tong — hi¢u — tich - thwong
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DPao ham cua ham hgp

Néu ham sé u = g(x) c6 dao ham tai z 1a u; vahamsé y = f(u) c6 dao ham tai u la yi thi ham

hop y = f(g(x)) c6 dao ham tai z la:
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Y nghia hinh hoc ciia dao ham

Pao ham cua hamso y = f (x) tai diém 1z, 1a h¢ s6 gbc cua ti€p tuyén cua do6 thi ham s6 do tai diém

Mz, f(x,)).

Phuong trinh tiép tuyén cua do thi (C) ciahamsb y = f (x) tai diém M (xo; f (x0>>:

Y% = f'(x0>(x_$0>

Trong do:
[ ] yO = f (:lj()) .
o f (xo) 13 hé s goc cua tiép tuyén .

Luu y:

e Diém M 1a giao diém cua (C’) va truc hoanh (Oa:) y=0=y,=0.

e Diém M la giao diém cia (C) va tryc tung (Oy) r2=0=u1x,=0.



e Diém M la giao diém cua (C’l) va (Cz) thi toa @ M dugc tim bang cach 1ap phuong trinh hoant
d6 giao diém cua (01) va (C’Q).
Néu tiép tuyén (d) LY =Y, = f'(a:0>(x — x0>
e Song song voi (A) y=kx+b= f/(xo) =k,.
e Vudng goc voi (A) y=kax+b= f’(a:0>.l<:A =-1.
> HINH HQC:

Piéu ki¢n dé duwong thing vudng géc véi mit phing

Néu d vuodng gbc vé6i hai duong thang cit nhau ndm trong (a) thi d vudng gbc v6i mit phing (a).

dla
dL(a)edLb
trong(a):aﬂb

Géc giira dwong thang va mit phang

e Néud J_ th1 ( )) =
e Néud ,4( th1 ( )) Vorl d' 13 hinh chiéu vuéng goc cua d trén (P)
Chi §: 0° < (d (P)) < 90°

Géc giira hai mit phing

Goc giira hai mat phang 1 goc giira hai duong thang 1an luot vuéng goc voi hai mit phang do.

m L |« VAR
L (@]~
Cich xac dinh géc giira hai mit phiang cit nhau:

Goc gitra hai mit phang cat nhau 1a goc giira hai dudng thang lan lugt ndm trong hai mat phang va vuong
gbc voi giao tuyén cua hai mat.

(=
aJ_caC ﬁ[a 6)}2(,1))
blebc(B)

—

Hai mit phing vudng géc :Hai mit phang dugc goi 1a vudng goc véi nhau néu goe giira chung 1a goc
vuong.

Cich chirng minh hai mit phiang vudng goc nhau: ot (ﬁ) = (a) 1 (ﬁ)
ac(al



LOP 11:
> PAI SO:
1. Cong thirc cong
o sin(a + b) = sinacosb *+ cosasinb
° cos(a ib) = cosacosb Fsinasinb

tana £ tanb

1Ftanatanbd
2. Cong thirc nhan doéi

. tan(aib)z

2 <2
® cos2a =cos a—sin“a

e sin2a = 2sinacosa

=2cos’a —1 . tanQa:m
=1-—2sin’a 1—tan’a
3. Cong thirc ha bac
. o 1—cos2a 9 1+ cos2a
o SIn- a = T o COS a = T

4. Cong thirc nhan ba

e sin3a = 3sina —4sin’a

3
e cos3a=4cos’a—3cosa

5. Cong thirc biéu dién sina, cosa, tana theo ¢t = tan— (a =T+ k27r)
, 2t 11—t 2t
® sina = 3 ° cosq = o tana = 3
1+¢ 1+t 1—t
Dic biét:

< 4 4 + 2 2
e sin"a+cosa=1-—2sin"a.cos”a

< 6 6 <2 2
e sina+cos' a=1-—3sin"acos” a

a,—f—Z :\/g.cos a—z
4 4

L4 Slna—cosa—\/_sm[a——J: \/—COS[G+4J

e gsina + cosa = \/g.sin

> HINH HQC:
PHUONG TRINH PUONG THANG

1. Vecto ch1 phu’(rng va vecto phap tuyén

e Vecto u = 0 duoc goi 1a vecto chi phuong (vtep) ciia duong thang A néu u ¢ gia

cung phuo’ng voi A.

e Vecto n = 0 duogc goi 1a vecto phéap tuyén (vtpt) ctia dudng thing A néu n c6 gia

vuong goc voi A.
Nhéan xét:

e Mot duong thrfmg xéac dinh khi va chi khi ta biét dugc mot diém ma no di qua va mdt

vtep (hay vtpt) ctia no.
o u= (a;b) 1a vtep ctia duong thing A < n= (—b;a) la vtpt cua A.
2. Phuong trinh tham so cia dwong thing
Cho dudng thing A di qua diém M (z,;y,) v nhan vecto u = (a;b) = 0 1am vicp.
Phuong trinh tham s6 (PTTS) cua A la:



r =z, +al
(teR)
y=y,+obt
3. Phwong trinh chinh tic ciia dwdng thing
. L r =z, +al
Cho phuong trinh tham s0 cua A (t € ]R)
y=y,t+0bt
A

Néu a,b = 0 thi phuong trinh 0 dugc goi 1a phuong trinh chinh tic cia

a
duong thing A. ) )
4. Phwong trinh tong quat ciia dwong thang
Cho duong thang A di qua diém M (xo;yo) va nhan vecto n = (a;b) = 0 lam vtpt.
Phuong trinh tong quat (PTTQ) ciia A 1a:
(A): a(x—x0)+b<y —yo) =0
Hay (A):am-l—by-i—c:o (c:—axo—byo)
Mot s6 dang dic biét ciia dwong thing:
e Puong thang by + ¢ = 0 1a dudng thang song song hodc tring truc OX.
e Puong thang az + ¢ = 0 1a duong thiang song song hoic trung truc Oy.
e DPuong thing az + by = 0 13 duong thing di qua gdc toa do.
5. Phwong trinh dwong thang theo doan chin
Néu duong thang A cit Ox va Oy lan luot tai A(a;0) va B(0;b), véi a,b = 0 thi:
r Yy
A):— —l— ==1
(A):2+5

Phuong trinh nay dugc goi la phuong trinh du:ong thang A theo doan chin.
6. Phwong trinh duong thing theo hé sb goc

Cho duong thang A di qua diém M (xo;yo) va nhan vecto 1_; = (a;b) = 6 lam vtcp.

Véia =0 thiAcoheség()ckzﬁ
a

Phuong trinh dudng thing (A) Y-y, = k:(:z; — xo)

Hay (A):y:kx+m
Luuy:
YA
5 L Goi A 1a giao diém cua A véi Ox, Av la tia cia A nam
{v‘b/ bén trén truc hoanh va « 1a goc hop badi tia Ax va Av thi hé
s0 goc cua duong thang A la:
o A/‘ﬂ » k =tana

7. Vi tri twong ddi ciia hai dwong thing
Cho hai duong thing Acar+by+c =0valA rar+by+c =0.

Véi a,,b,,c, = 0 taco:

, a b
. AlcétA2<:>—1¢—l.
CL2 2
a b c
o A //A & -Lt="L="1,
1 2
a2 bZ CZ



J AIEAQ@&:b—l:C—I.
a2 bZ CQ
Luuy:
e NéuA//d:ax+by+c=0thi A codang: ax +by+¢' =0 (czc').

e NéuA Ld:ax+by+c=0 thi A codang: bz —ay + ¢/ = 0 hay
—bx+ay+c =0.

e Hai duong thang song song thi hai vtcp va vtpt tuong tng cia hai dudng thang cing
phuong véi nhau.

e Hai dudng thang vudng goc thi hai vtcp va vtpt twong tng ciia hai dudng thang vudéng
goc voi nhau.

LOP 10:
> DAISO:
1. Pinh nghia i i .
M¢énh dé 1a mdt cau khang dinh dung hoac mot cau khang dinh sai (khong c6 ménh dé vura
ding vura sai hodac khong ding ciling khong sai).
Ki hiéu: 4,B,C,...,P,O,R,...
2. Ménh dé phi dinh
Phu dinh ctia ménh dé& P, ki hiéu 7’, doc la “khoéng P ™.
Néu P dung thi P sai, néu P sai thi P dung.
3. Ménl} de l’(éo theo ‘
Ménh dé “Néu P thi O duogc goi la ménh dé kéo theo, ki hi¢u: P= Q.
Ménh dé nay chi sai khi P dung va Q sai (cac trudng hop con lai déu dung).
4. Ménh dé dao
Cho ménh @& P=> Q. Ménh d¢ O = P duoc goi 1a ménh dé dao cia ménh && P= Q.
Chi y: Néu P => O 1a ménh dé ding thi chua chic ménh d& dao cta né ciing dung.
5. Ménl} dé twong dwong ‘
Ménh dé “ P khi va chi khi Q” dugc goi la ménh dé twong duong, ki hiéu: P< Q.
Ménh dé nay dung khi ca hai ménh @& P=Q va Q= P déu ding.
6. Ménh dé chira bién
Ménh d¢ P (x) ma tinh dung — sai ciia n6 tiy thudc vao gia tri cu thé ciia x trong mot tap hop
X nao do dugc goi la ménh dé chira bién.
Néu P(x) la ménh dé chira bién x € X thi:
- Ménh d “Véimoei x thue X, P(x) dung” dugc ki hiéu 1a: "Vxe X, P(x)".
- Ménh dé “Ton tai x thude X, P(x) dung” dugc ki hiéu 1a: "Ix e X, P(x)".
Phii dinh cia ménh dé chtra ki hi¢u V hodc 3:
- Phu dinh ctia ménh dé "Vx e X, P(x)" laménh dé "Ix e X, P(x)".

- Phu dinh cia ménh dé "3x e X, P(x)" 1a ménh dé "Vx e X, P(x)".

> HINH HQC:

1. Vecto

Vecto la doan thrfmg c6 hudng, trén do c6 dinh rd diém dau va diém cudi. Vecto c6 diém dau
1a 4, diém cudila B dugc ki hiéu 1a AB. Vecto ndy co:

Gia (xac dinh phuong) 1a duong thang 4B .

Hudng (chiéu) tr 4 dén B.



D6 dai 1a do dai cia doan thing 4B , ki hidu \E\ - AB.

2. Vecto ty do R
Vecto tu do 1a vecto ¢6 phuong, huong va do dai xac dinh; nhung khong xac dinh diém dau
va cudi. Vecto tu do thuong duoc ki hi¢u 1a Zz,l;,...

3. Vecto cung phuong )

Hai vecto dugc goi la cung phuong néu gia cta ching song song hodc trung nhau.

Hai vecto cung phuong thi c6 thé cung hudng hodc nguoc hudng.

Hai vecto cung huéng (hay ngugc hudng) thi luén cung phuong.

4. Vecto khong

Vecto ¢6 diém dau va diém cudi trung nhau dugc goi 1a vecto khong, ki hi¢u la 0. (ﬂ = 6) .
Nhén xét:

Vecto 0 c6 do dai bang 0, ¢ gia va hudng tuy ¥.

Ta quy uoc 0 cung phuong vdi moi vecto.

5. Vecto bang nhau

Hai vecto a va b duogc goi 1a bang nhau néu ching ¢ ciing hudng va cing d6 dai, ki hiéu:
a=bh.

6. Vecto doi nhau

Hai vecto a va b duoc goi 1a ddi nhau néu ching c6 nguoc hudng va cing d6 dai, ki hiéu:
a=bh.

Luuy: 7

Cho ba diém 4, B,C khong thang hang. D 1a dinh th tu ctia hinh binh hanh ABCD khi
4B =DC hay 4D = BC.



